Using an inequality relation between scalar curvature and length of second fundamental form, we may conclude that a submanifold must have nonnegative (or positive) sectional curvatures. An application to compact submanifolds in obtained.
at a point p e M, then the sectional curvatures of M are nonnegative (resp. positive) at p. Continuing the same process (zz-2) times, we obtain (5).
Substituting (2) into (3), we obtain (6) n2H ■ H ^ (n -l)S -2(zz -l)c (resp. » at p. We assume that Tr Hn+1 is constant. Then a recent paper of Smyth [5] gives the following formula:
(fc, -*,)', This shows that M is pseudo-umbilical in En+P and H is parallel. Hence, we see that M is contained in a hypersphere 5"+"-! of En+P as a minimal submanifold (see, for instance, [1] ). Without loss of generality, we may assume that Sn+P~l is of radius 1. Then, by the assumption, R>(n-2)S, we see that the square of the length of second fundamental form of M in S«+*-i} say S, satisfies (13) S < zz/(zz -1).
Therefore, by a result of Chern-do Carmo-Kobayashi [2] , we find that iF n_t3, then M must be totally geodesic in Sn+V~1. Hence M is a hypersphere of a linear (n+ l)-subspace of En+P. If zz=2, then the condition R>(n-2)S implies that the Gaussian curvature of M is positive. This proves a part of the theorem. The remaining part is obvious.
